of S is the set S plus the set of limit points of S. A set is said to be denumerable if its elements may be meted
3-
blimiquely with the positive integers. A set is coun. respectively. The complement of a set S with respect to X is denoted by S"" and the closure of S Is designated cS.
If a metric or distance function is defined for elements of S, the distance between two elements y^ and yjg of S is written |yi-ya|. In this example f{x) is neighborly at every point. be the saltus function of f(x). A necessary and sufficient condition that f be cliquish at g is that lira inf S(x) = 0. Proof. Let f be a limit point of points at which f is cliquish, and let K(s) and a positive number e be given. In this example f is neighborly on the irrational numbers and is not neighborly on the rational numbers.
A necessary condition that a function be neighborly at a point s is that lira inf S(x) = 0. However, neigh-X-«» s borliness cannot be completely characterized by the saltus function as is shown in the following example. (ii) for every n, fn(x) is neighborly (cliquish) at f, then P(x) is neighborly (cliquish) at Proof, The proof is given first for neighborly functions. Let a positive niiraber e and an R(f) be given.
By hypothesis (i), there exists an integer n such that for every ra (iB>n) and for every x,
By hypothesis (ii), there exists an N contained in N(s) 1 fhls theorem is stated for neighborly functions by Bledsoe (3)»
13-
such that for every x in 1,
Choose Xx in M. It follows from (2) and (3) is defined and converges to P(x) on X, and if (ii) for every n, fn(x) neighborly on X, then the set of points of discontinuity of P(x) Is exhaustible.
In the next chapter. Theorems 3 and I}, are shown to be special cases of more general theorems.
The following example shows that (in contrast to con tinuity) two functions f(x) and g{x) may be neighborly or cliquish at a point x^, while f{x)+g(x), f(x)g{x) and f(x)/g(x), g(x) 4 0, need not be neighborly or cliquish at x^. (6) f{x('^)}GM(»zie/3).
It follows from (6) that NqCN(f;l/p)• Let an element Xj.
in Nq be given. Prom (5), |f(xj.) -f(x^^^)l < l/q < e/2.
Prom ( Hence R is residual.
THEOREM 8. Let X be an ascending set property. If
(1) the sequence of functions { fn(x)} is defined on X and oon-rerges uniformly on X to a function P, and if (11) there exists an element s in X such that for every integer n, 5 is a point of >v fn-approach by S, then g is a point of A F-approach hj S. 
